












Algorithm 1 Minibatch stochastic gradient descent training of generative adversarial nets. The number of
steps to apply to the discriminator, k, is a hyperparameter. We used k = 1, the least expensive option, in our
experiments.

for number of training iterations do

for k steps do

• Sample minibatch of m noise samples {z(1), . . . , z(m)} from noise prior pg(z).
• Sample minibatch of m examples {x(1), . . . ,x(m)} from data generating distribution
pdata(x).
• Update the discriminator by ascending its stochastic gradient:
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end for

• Sample minibatch of m noise samples {z(1), . . . , z(m)} from noise prior pg(z).
• Update the generator by descending its stochastic gradient:
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end for

The gradient-based updates can use any standard gradient-based learning rule. We used momen-
tum in our experiments.

4.1 Global Optimality of pg = pdata

We first consider the optimal discriminator D for any given generator G.
Proposition 1. For G fixed, the optimal discriminator D is
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(2)

Proof. The training criterion for the discriminator D, given any generator G, is to maximize the
quantity V (G,D)
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pdata(x) log(D(x)) + pg(x) log(1�D(x))dx (3)

For any (a, b) 2 R2 \ {0, 0}, the function y ! a log(y) + b log(1 � y) achieves its maximum in
[0, 1] at a

a+b . The discriminator does not need to be defined outside of Supp(pdata) [ Supp(pg),
concluding the proof.

Note that the training objective for D can be interpreted as maximizing the log-likelihood for es-
timating the conditional probability P (Y = y|x), where Y indicates whether x comes from pdata
(with y = 1) or from pg (with y = 0). The minimax game in Eq. 1 can now be reformulated as:
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Figure 2: Unrolling the discriminator stabilizes GAN training on a toy 2D mixture of Gaussians
dataset. Columns show a heatmap of the generator distribution after increasing numbers of training
steps. The final column shows the data distribution. The top row shows training for a GAN with
10 unrolling steps. Its generator quickly spreads out and converges to the target distribution. The
bottom row shows standard GAN training. The generator rotates through the modes of the data
distribution. It never converges to a fixed distribution, and only ever assigns significant probability
mass to a single data mode at once.

Figure 3: Unrolled GAN training increases stability for an RNN generator and convolutional dis-
criminator trained on MNIST. The top row was run with 20 unrolling steps. The bottom row is a
standard GAN, with 0 unrolling steps. Images are samples from the generator after the indicated
number of training steps.

generator, but without backpropagating through the generator. In both cases we find that the unrolled
objective performs better.

3.2 PATHOLOGICAL MODEL WITH MISMATCHED GENERATOR AND DISCRIMINATOR

To evaluate the ability of this approach to improve trainability, we look to a traditionally challenging
family of models to train – recurrent neural networks (RNNs). In this experiment we try to generate
MNIST samples using an LSTM (Hochreiter & Schmidhuber, 1997). MNIST digits are 28x28 pixel
images. At each timestep of the generator LSTM, it outputs one column of this image, so that
after 28 timesteps it has output the entire sample. We use a convolutional neural network as the
discriminator. See Appendix C for the full model and training details. Unlike in all previously
successful GAN models, there is no symmetry between the generator and the discriminator in this
task, resulting in a more complex power balance. Results can be seen in Figure 3. Once again,
without unrolling the model quickly collapses, and rotates through a sequence of single modes.
Instead of rotating spatially, it cycles through proto-digit like blobs. When running with unrolling
steps the generator disperses and appears to cover the whole data distribution, as in the 2D example.
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